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calculus WIEREHEH FdB 2, Constantine [5] A FdB #E THESSEERY
HEAAMAG HHBEREERE, Chu [10JAFdB BEFFLRETIIAMNEZEN, Chou, Hsu k
Shiue (3] H FdB & —EEHRRETEL —RIIEEER, BRFIB e L2
B Johnson [6].
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/O & f(2) = e o(t) = In gy B 0(0) = 0. B Stirling BEYER
MR (R[4, p.207])
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m>1 j=0

<
Il

o
<
Il

o

(foo) (1) =11y 1 B

BRMFIB /) (3) AlEE—REEFR

[n—l—r - 1} 3 (%)kl ( — )kz <11__qrn)kr.

r 1k1k1!2k1k2!...7’k"k‘r! 7

q o(r)
HEPAB Y (4) TS = G

[n+i—1:| ki

zr_]‘_q _ k—1 - ( q
q —1_qr—7’Z(—1) (l{:—l)!g e 0

B g +as+ ...+ a, =nlag > ay > ... > a, > 1) W—HEERE
(a1, a9, ..., ay) BIEEE n (9—5E] (partition), WHE n BIFTESERIEEEE p(n).
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X (6) 1 (foo)(t) = (1—t)(1—t21)...(1—t”)... = anop(n)t”, fe

bi = [f oﬂ = p(n),

n

E%?U Zd\né - Zd\n ni/d = %Zdlnd = %O{(n), 'fl/éﬁﬁ Zdlné = %Oé(n)o ESEEFHFCIB E/\j
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=. Hi@sERES DI LeESE

B, B H BN E—E K E " EStirling 2. Bell 8. #58E8 (number of de-
rangements) FUTEEA KRB 3, FI FdB EEHELEHWHEEER, KU A FABRH
SEHFEUR Bell 8 EE S RFIEREKE. B, Hf1%EFEE—HE Stirling B s(n, k) &k
HHEEL D, o

B8R S, (symmetric group) HHE—{HE B E FIME—3 A KB (disjoint cycle)
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SE—HHStirling BHITEEAE KBS
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EE 7. BEREEE 0 KIFEEEHE r (n > 1),
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e A EE :,L—.' ®“ule
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{n] ol
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102k2 | pke RUEHRAIEEL,
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HRFABREER 7 hiER, SR EFHEN (b, ke, ... k) B o(n,r) ARIGHE,

WM (ky, ko, ..., ky) 7R
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ki +2ko+ -4k, =n
H—FHE,HAE 1<i<n k AEXEES WEFBOMEE, i ki + ko +---+k, =7
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2ko+3ks+...4+nkn=n
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4 [

BRERMEBZE o(t), BREREING
1 _ 2oy = Eoal
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BERRE 1 WEEHHRMEE D, OEBERKE, REEMHEHREEE o )RR
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fE—RE P C No ~HEBELSERAFERTIAEBRER j € P NER, BILE

HE [P & (P-free) BHL,

EE 9. 4 D(n; P) % S, | P REREBRER, A D(n; P) BITEEBERKHES

t" 1 tJ
Z D(n, P)—' = p = ere(NfP) 7o
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11,02,...,0s¢ P kll‘klz' k15~

kij thig+...+kis=k
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O
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Mt LM P=U"_ P HHEE 1<i<j<kA PNP =0 RRUBHT—

2A,
afff -

WR2 90,0, BRCNAHEE1<i<j<kBPNP =0 REFEEneN,
S, WK ERBREREREES | c U, P, MBS, HIS8EREES

AN A S 8 L Siegr
e4lePy 1 e&lEPy T | eter T = U= Ps 1

5 5. Bona [1|[ B EPHER 1 RHER2, (HANAEERFIANHE,
HEBTEEE r, B9 D(n; {r}) 88 D(n;r).
iR 3. HEEEEHE n kr (n>r) B
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B0 HEHE 9 A, D(n;r) IEBAERHES
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RS " REEE

Dwir) =3 <—%)k <Z> (n— k).

,_
33
[

O

4 Dnyiyvis . i%) BIE k@i B (1<1<s). REEEOBEEHY n-8

AR fE B

M8 1. BHEEEB#E n,s Kr (s<n,r<n), B
D(n;s") = M( " )D(n — ST55)o
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$2E3: 1 (7) & D(n;s") BEEATA

o . n!
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n
Dy = D, )
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BIRME 14 s =1 K.

n AHAREESSIRSETES, L F | LTEGERA L,
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(IR (2D k2ky! L () k)
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58— Stirling BHITEHAE KB

tm 1 r
;S(H,T)a:ﬁ(et_l) . (11)
Bell B B .
Z Bn_' =, (12)
n!
n>0

EE 10. HEEEREH n KFEABH r (n > 1),

n!

2 (LR 1202 ky! - (nlYFrky

o(n,r

S(n,r) =

BEE: W f(x) = 2", o(t) =€ — 1. BB
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HETEEEE
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n!
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o

—
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B (12) AT%0
{f o (ﬂ B 6[6’:1] _ B,
n — — o

FIHFAB /) (3) &

B, 1

nl 2 ()R & 12Dk kol (n])enk, )

o(n)

FHMEFER n! B

|
n.
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=2 ()R kg (2R kol . (nl) Rk,

a(n)

O

it 8. wH 11 WAl LIE#H Bell BHUERLEE 10 /€ r = 1 2 r = n WYHIINEREZ],
BEEERMEEAEKK LS, FIA FdB theeE HHR R,

EH 10 FEIIRFFRNRHINES
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(INk k(2D k2 ko) L (R ek,

B (10) FEERE n TREDEIE k; i TTFE (1 <i <n) WHEH, €8 10 fF—
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2k ik, = n AIRFB ST E n B, B Y oo
o(n,r)
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MEESE I n THEESNEN r ETEEHNHER, YES o(n) = Ul_o(n, k), &M
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J

J
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B & f(x) = In(x), o(t) = eet_l_z'ep% BR fop(0) =0 X foop(t)=e"—1-—
Serh= (G5 ) — T b FIL
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ORI, KEEL2FH P LU N-PER RS N-(N-P)=P, &
TIREILUT Heam

Wi 4. & P CN, HIHERE n e N,  n THEESSEEA/N | € P HTFENFTER,
HASHAEREYS eZier T,

mzd, WP = P EBAEE 1<i<j<kB PP =0, PETET—

i
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W#R5 0,0, BRCNAHEE1<i<j<kBPNP =0 A¥EEneN,
¥ n THBEASERAN [ € UL, P, WTFENHEE, HI88EREES

Sier 4\ [ Tier, 4 Sier, bt SieUk
e4lePy 1l e~leP 1T | | e&lEP 1 — leU= Ps U

&t 9. Bona (1|t #ERH#ERAKHERD, [ERN A EERMHE.
Him 6. HEEEEHE n kr (n>1r) A

() )
(

(=DF n
Bn—r o (]
k' \r,....,r,n—kr b
k

& Bnyiyvis? i) BAE ky 18 i TFE (1 <1< s) 89 n TESDEEY.

48 2. HEEEEH n,s K r (s<n,r<n), H
B(n;s") = 1 (s " )B(n — ST3S)o

r! ., S8, — ST
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B /1 (10) B B(n;s") KIEER4

n!
B(n;s") = Z
Nk l...(gl |... Nen ke |
e (IDF kgl (sl (nl)Fnk,!
k142ko+--4-sr4--Ankn=n
n!

— (shrrl(n — sr)!

n!
PO SR 1 ey oy e (Y ey B i
k1+2ko+---+nkn,=n—sr

1 n!
T — s D83 )

_ 1( n )B(n—sr;s)o O

rl\s,...,s,n—sr

e

%
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